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whereas              sinjr==-----r—>
22
or,                   sinhx = ^.4.£. + £l + ^+.......
and                    sin x = —;-----r-i—r------+......
i !    3!    5 1     7i
Considering the relations sin(.ari)=i (sinhJIT), or sinh (JH) = i sin JF, involved in the foregoing formulae, it will be seen that the above-given formula for the Lobachevskian triangle passes over into the
formula holding for the spherical triangle, viz., sin -r = sin -T sin A, when ki is put in the place of k in
TV
the former and k is considered as the radius of the sphere, which in the usual formulae assumes the value unity. The re-transformation of the spherical formula into the Lobachevskian by the same method is obvious. If k be very great in comparison with a and c, we may restrict ourselves to the first member of the series for sinh or sin, obtaining in both
cases, TT = -jr sin A or a = csin^, the formula of plane Euclidean geometry, which we may regard as a limiting case of both the Lobachevskian and spherical geometries for very large values of k, or for
$s=a oo. It is likewise permissible to say that all three geometries coincide in the domain of the infinitely small
*F. Engel, N. L Lobattchefslcij, Zwei geometrische Abhand-
lungen, Leipsie, 1809.ions are introduced.    For the angle of                 j
